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Several numerical semigroup families have been investigated up to now. Arf
semigroups, one of the well-known families, were introduced by Cahit Arf, and
many authors studied their properties.

In recent years, Rosales and Branco introduced the concept of C—semigroup
(Rosales J.C. and Branco M.B. Numerical Semigroups Closed Under Addition of
Their Divisors. Applicable Algebra in Engineering, Communication and Comput-
ing, 32: 665-680, 2021.)

An Arf partition of a positive integer is described depending on the behavior of
an Arf semigroup (Tutag N., Karakag H.I, and Giimiisbas N. Young Tableaux and
Arf Partitions. Turkish Journal of Mathematics, 43(1): 448-459, 2019). Almost
symmetric Arf semigroups and partitions are studied in (Glimiigbag N., Tutag N.,
and Er N. Almost Symmetric Arf Partitions. Turkish Journal of Mathematics, 44:
2185-2198, 2020).

In this work, we exhibit properties of almost symmetric Arf C—semigroups, and
almost symmetric Arf C—partitions of a positive integer. We give a formula for
the number of almost symmetric Arf C—partitions of a positive integer, and also a
formula for the number of almost symmetric Arf C—semigroups with conductor C
for any positive integer C'. We characterize almost symmetric Arf C-semigroups in
terms of their Kunz coordinates.
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